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ORBITAL RESONANCES AND AVERAGING IN THE MOTION OF SATELLITES

Abstract. Many physical systems can be modeled as having an underlying dynamical
skeleton that organizes and governs how all the possible behaviors are related. The global
properties of multidimensional, nearly integrable Hamiltonian systems are determined by
the relative location and size of the predominant resonances. The dynamical model govern-
ing satellite motion (assuming non-commensurate orbital frequencies) is referred to in the
astrophysical and celestial dynamics communities as the quadrupolar, secular, hierarchical
restricted four-body problem with an oblate primary. In the non-autonomous case, this
model degenerates to either the classical Kozai-Lidov mechanism or the critical inclination
resonances. In the time-dependent model, brought about in this case by the Moon’s per-
turbed motion, secular resonances involving the frequencies of perturbed motions become
woven throughout the inclination, eccentricity, and semi-major axis space in an exceedingly
complicated web-like structure, emanating from the classical critical inclinations. In this talk,
I will review this 2.5 degree-of-freedom Hamiltonian system from both a Gauss averaging
and Laplace-Lagrange secular theory perspective.

It is the structure of the satellite and the nature of its orbit that determine which per-
turbations are significant and which are negligible. In this sense, every distinct problem
conditions its particular scheme of computation, and many refinements, sometimes reducing
the always elaborate calculations in a marked degree, depend on a careful examination of
the dynamical situation. I will show the breakdown of our basic dynamical model in the
presence of resonances of a non-secular origin and close encounters with the Moon.
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